
The Theory of Lebesgue M e a s u r e and In tegra t ion , by S. H a r t m a n 
and J . Mikus insk i . P e r g a m o n P r e s s , Oxford, London, e t c . 1961, 
176 pages» 30 shi l l ings (= £ 5. 00). 

The a i m of th i s book is to se t out the e s s e n t i a l fac ts of Lebesgue 
m e a s u r e and in t eg ra t ion . No knowledge i s a s s u m e d beyond the 
d i f ferent ia l and i n t e g r a l c a l c u l u s . E v e r y g radua te in m a t h e m a t i c s 
should be acqua in ted with the concep ts and t h e o r e m s of th is book, 
even if he has no spec ia l i n t e r e s t in the theory of r e a l funct ions. Any 
w o r k e r in p robab i l i ty t heo ry o r in t h e o r e t i c a l phys i c s i s l ikely to need 
the i d e a s and r e s u l t s of the Lebesgue theo ry . 

We say at once that the book i s wel l p r in ted and a t t r a c t i v e l y 
bound and that the tex t does c o v e r what it s e t s out to c o v e r . Any 
c r i t i c a l r e m a r k s that follow about p a r t i c u l a r f e a t u r e s a r e to be r e a d 
a g a i n s t th i s background of g e n e r a l sa t i s fac t ion . 

It i s now sixty y e a r s s ince the i dea s of a few F r e n c h m a t h e m a ­
t i c i a n s and one E n g l i s h m a n (W. H. Young) put the theory of m e a s u r e 
and in t eg ra t ion on a f i rm b a s i s ; L e b e s g u e , who set out h i s work in the 
c l e a r e s t way, i s acknowledged a s having played the b igges t p a r t . 

A n u m b e r of expos i t ions of m e a s u r e and in tegra t ion have been 
wr i t t en . When a new one a p p e a r s , the r e a d e r a s k s w h e t h e r it h a s 
any v i r t u e s that the p r e v i o u s ones lack. He re we m u s t say that the 
p r e s e n t a t i o n i s i n f e r i o r to that of some of the ex i s t ing t e x t s , and the 
a u t h o r s and t r a n s l a t o r be tween t h e m ha rd ly a t ta in the s t a n d a r d expec ted 
of t h e m . T h e r e i s an o ld- fash ioned a i r about the book; m o s t of it 
could have been w r i t t e n in 1910, and though t h e r e have b e e n no 
revo lu t ions s ince then , t h e r e have been advances in p r e s e n t a t i o n . 

The following specif ic points i l l u s t r a t e t h e s e c r i t i c i s m s . 
(1) In C h a p t e r I t h e r e i s no men t ion of the empty se t . (2) The ax iom 
of choice i s men t ioned only in r e f e r e n c e to n o n - m e a s u r a b l e s e t s . The 
a u t h o r s should explain that it p e r v a d e s the whole t h e o r y . A quite 
g r a tu i t ous f r e e d o m of choice i s a l lowed on page 13. (3) The word ing 
of the defini t ion of the Lebesgue i n t e g r a l l e aves the r e a d e r with the 
i m p r e s s i o n tha t the e s s e n t i a l f ea tu re i s the d ivis ion of the y - i n t e r v a l 
i n s t ead of the x - i n t e r v a l . What i s in fact e s s e n t i a l i s tha t the 
x - i n t e r v a l i s divided into m e a s u r a b l e s u b - s e t s . (4) Absolu te continui ty 
(Chap te r VII) should be env i saged a s a p r o p e r t y of se t - func t ions r a t h e r 
than of po in t - func t ions . (5) The condi t ions for equal i ty in Holder 1 s and 
Minkowski ' s i nequa l i t i e s should be given. (6) C h a p t e r XIII on the 
S t ie l t j es i n t e g r a l i s too sketchy to have va lue . (7) E x e r c i s e s (with h in ts 
for solut ion) a r e n e c e s s a r y for the student in a text-book at t h i s l eve l ; 
there are none. 

There are numerous un-Engl ish touches , such as the use of 
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i r r e v o c a b l e in the m i d d l e of page 42 , dif ferent ly than at the b o t t o m of 

page 84, and i n t e r v e n e at the top of page 169. The a r t i c l e the i s 

f requent ly omi t t ed a s in T h e o r e m 6 on page 168. 

J . C B u r k i i l 

A Short Account of the H i s t o r y of M a t h e m a t i c s , by W. W. Rouse 
Ba l l . Dover P u b l i c a t i o n s Inc. , New York , I960 , xxiv + 522 p a g e s . 
$2. 00 

The H i s t o r y of the Ca lcu lus and i t s Conceptua l Deve lopmen t , 
by C a r l B . B o y e r . Dover P u b l i c a t i o n s Inc . , New York , 1959-
346 p a g e s . $2. 00. 

The Dover s e r i e s of inexpens ive r e p r i n t s of i m p o r t a n t books in 
m a t h e m a t i c s , the s c i e n c e s , and m a n y o t h e r f ie lds of l e a r n i n g , h a s long 
won w i d e s p r e a d r ecogn i t ion by s tuden ts and s c h o l a r s a l i ke . While 
some of the r e p r i n t e d w o r k s a r e of r e c e n t o r ig in , o t h e r s date b a c k a s 
fa r a s the midd le of the 19th c e n t u r y . 

In m a t h e m a t i c s , the p r o s p e c t i v e b u y e r of a t r e a t i s e such a s , say, 
C a n t o r ' s " T r a n s f i n i t e N u m b e r s " o r K n o p p ' s " T h e o r y of F u n c t i o n s " 
usua l ly knows what he is about to a c q u i r e : not a v o l u m e fil led with the 
l a t e s t r e s u l t s of m a t h e m a t i c a l r e s e a r c h , but a c l a s s i c in i t s field. 
But when it c o m e s to the h i s t o r y of s c i ence and m a t h e m a t i c s , the 
s i tua t ion i s a l t o g e t h e r d i f ferent . A p a r t f rom p e r h a p s a handful of 
s p e c i a l i s t s , books in t h e s e f ie lds wil l be sold m o s t l y to s tuden t s , 
t e a c h e r s , and i n t e r e s t e d l a y m e n , who wil l use t hem as an i m p o r t a n t -
o r even a s the only - s o u r c e of in fo rma t ion . Unfor tuna te ly , t h e r e 
s e e m s to be a w i d e s p r e a d bel ief that ou r knowledge in the h i s t o r y of 
the s c i e n c e s , and p a r t i c u l a r l y of m a t h e m a t i c s , is r a t h e r s t a t i c , so that 
a book w r i t t e n a g e n e r a t i o n ago wi l l be able to in fo rm us j u s t a s wel l a s 
one publ i shed m o r e r e c e n t l y . Th i s i s , of c o u r s e , quite u n t r u e . One 
need , for i n s t a n c e , only th ink of the m o s t r e m a r k a b l e f indings of the 
l a s t 30 y e a r s c o n c e r n i n g p r e - G r e e k and m e d i e v a l m a t h e m a t i c s . 

On t h e s e g rounds th i s r e v i e w e r conc ludes that it would have been 
b e t t e r not to r e p r i n t Bal l 1 s " H i s t o r y of M a t h e m a t i c s " . When the 4th 
edi t ion, which is r e p r o d u c e d h e r e , w a s publ i shed in 1908, Ba l l 
r e m a r k e d in a no te : "No m a t e r i a l changes have been m a d e s ince the 
i s s u e of the second edi t ion in 1893. " - T h e r e is no point in e l a b o r a t i n g 
on the s h o r t c o m i n g s of the book when c o m p a r e d with the p r e s e n t s ta te 
of knowledge in t h i s f ield. 

The " H i s t o r y of the C a l c u l u s " by P r o f e s s o r B o y e r was f i r s t 
pub l i shed in 1939. A second p r in t i ng in which , a c c o r d i n g to the a u t h o r , 
"a few m i n o r e r r o r s in the tex t have b e e n c o r r e c t e d " , a p p e a r e d in 1949-
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