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Unfortunately, the argument of the proof of [2, Theorem 1] contains a gap. (The author
is grateful to Moubariz Garaev for pointing this out.) Here we present and prove a
corrected statement.

Let p be a prime number and let F,, denote the finite field of p elements. We use
ord vy to denote the multiplicative order of y € F,,. For a fixed positive divisorn | p — 1
we define I',(n) as the subgroup of F;, generated by the nonzero elements of the form
y+y forye I, with ord y | n. Clearly #I',(n) > (n — 2)/2. We now obtain a stronger
bound.

THeEOREM 1. There is an absolute constant ¢ > 0 such that for a prime p and a positive
integer 2 <n < p'? withn|p - 1,

#T,(n) > cn'¥! (log n)™*/'.
Proor. We define the sets
S={y:ordy|ny’#-1} and A={>+y?%:yeS).
Thus, n > #S > n — 6. Hence,

1 -6
pl/Zan#SZ#ﬂZZ#SZn4 . (1)

Note that
A2 CT,(n) U {0} )

Now let us take @, B € S. Then
P rat+ B+ =B+ a BB +a7Ip).
Therefore we also have
2ACT,(n) U {0} 3)
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Combining (2) and (3),
#T,(n) > max{#(2A), #(A*)} - 1.

By the version of the sum-product theorem which is due to Rudnev [1], there is an
absolute constant ¢y > 0 such that

max{#QA), #H(A)} > coA) > (log #A) /11,
provided that #A < p'/?. Thus, recalling (1), we conclude the proof. O
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